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EXECUTIVE SUMMARY 

Prior to 1997, WSDOT used the Engineering News Record (ENR) Formula for driving 

piling to the design capacity.  Washington State Department of Transportation (WSDOT) 

sponsored research published in 1988 had shown that the ENR formula was quite inaccurate and 

that moving toward the Gates formula would be a substantial improvement (Fragaszy et al. 

1988).  Hence, in 1996, an in-house study was initiated to update the driving formula used for 

pile driving acceptance in the WSDOT Standard Specifications. 

Included within the scope of this study was an evaluation of whether prediction 

performance could be improved by making empirical improvements to the Gates Formula.  

Others, such as the Federal Highway Administration (FHWA), had proposed modifications to the 

Gates Formula in recent years to deal with recognized deficiencies.  Therefore, recently 

compiled databases of pile load test results were used to verify whether the improvements to the 

Gates Formula proposed by the FHWA indeed would produce a more accurate pile resistance 

prediction and to develop any additional necessary improvements.  From this empirical analysis, 

the WSDOT driving formula was derived.   

While the effort to develop the WSDOT driving formula started out as an empirical 

analysis to improve the Gates Formula, so many changes were made that it has in essence 

become a new driving formula.  For example, the square root function of hammer energy was 

removed (hammer energy is now to the first power), and the log10 function of penetration 

resistance was replaced with the natural logarithm.  In addition, coefficients were added to 

account for the different hammer types and pile types.  The consistency of the WSDOT driving 



x

formula with wave equation predictions was also evaluated to provide the most seamless 

transition possible to hammer-pile system performance evaluation by the wave equation. 

Once the WSDOT driving formula had been developed, the empirical data used for its 

development were also used to establish statistical parameters that could be used in reliability 

analyses to determine resistance factors for load and resistance factor design (LRFD).  The 

Monte Carlo method was used to perform the reliability analyses.  Other methods of pile 

resistance prediction were also analyzed, and resistance factors were developed for those 

methods as well. 

Of the driving formulae evaluated, the WSDOT formula produced the most efficient 

result, with a resistance factor of 0.55 to 0.60.  A resistance factor of 0.55 is recommended.  

Dynamic measurement during pile driving using the pile driving analyzer (PDA), combined with 

signal matching analysis (e.g., CAPWAP), produced the most efficient result of all the pile 

resistance prediction methods, with a resistance factor of 0.70 to 0.80. 
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THE PROBLEM 

Prior to 1997, WSDOT used the Engineering News Record (ENR) Formula for driving 

piling to the design capacity.  Washington State Department of Transportation (WSDOT)-

sponsored research published in 1988 had shown that the ENR formula was quite inaccurate and 

that moving toward the Gates formula would be a substantial improvement (Fragaszy, et al. 

1988).  Hence, in 1996, an in-house study was initiated to update the driving formula used for 

pile driving acceptance in the WSDOT Standard Specifications. 
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BACKGROUND

Pile load test data from Paikowsky et al. (1994), later updated with the expanded database 

also provided by Paikowsky et al. (2004), were used to develop the WSDOT pile driving 

formula.  The WSDOT driving formula, as is true of most driving formulae, was empirically 

derived.  The basic form of the equation has similarities to the Gates Formula.  While the Gates 

Formula proved attractive in previous studies because of the relatively low variability in the 

predicted resistance relative to the pile load test measured resistance, it tended to over-predict 

resistance at low driving resistances and under-predict resistance at high driving resistances.  To 

help offset this problem, the Federal Highway Administration (FHWA) proposed a modified 

Gates Formula (Hannigan et al., 1997).  Similarly, the WSDOT pile driving formula was 

developed to maintain the low prediction variability of the Gates Formula but at the same time 

minimize its tendency to under- or over-predict the pile nominal resistance. 

The WSDOT pile driving formula has the following form: 

NLnEFR effn 106.6               (1) 

where:  Rn = ultimate bearing resistance, in kips 

Feff = hammer efficiency factor 

E = developed energy, equal to W times H, in ft-kips 

  W = weight of ram, in kips 

  H = vertical drop of hammer or stroke of ram, in feet 

 N = average penetration resistance in blows per inch for the last 4 inches of driving 

  Ln = the natural logarithm, in base “e” 
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In the WSDOT Standard Specifications for Road, Bridge, and Municipal Construction 

(2004), Section 6-05.3(12), Equation 1 has been simplified to: 

NLnEFRn 10                (2) 

where: Rn = ultimate bearing resistance, in tons, and  

F = a constant that varies with hammer and pile type 

Note that the energy term in the WSDOT formula is intended to represent the actual 

stroke (single-acting hammers) or equivalent stroke (double-acting hammers) observed during 

driving multiplied by the ram weight, termed the developed energy.  Technically, this is the 

kinetic energy in the ram at impact for a given blow.  If ram velocity is not measured, it may be 

assumed equal to the potential energy of the ram at the height of the stroke, taken as the ram 

weight times the stroke.  These formulae are not intended to be used with the gross rated energy 

for the hammer.  This issue only affects single-acting (i.e., open ended) diesel hammers and all 

double-acting hammers.  This issue does not affect single-acting air/steam hammers in terms of 

how these driving formulae are applied in the field. 

The data used to develop the current form of the WSDOT formula are provided in Table 

1.  Most of the data provided in Table 1 were obtained at end of drive (EOD) conditions (i.e., 

when the pile was first driven to tip elevation), with a limited amount of data provided at 

beginning of redrive (BOR) conditions (i.e., when the pile is driven a limited distance below the 

tip elevation achieved during initial driving after an extended period of time, typically several 

days after the pile was initially driven to tip elevation).  Additional BOR data are provided by 

Paikowsky, et al. (2004).  Feff was derived in this formula to be approximately equal to the 

measured transfer efficiency, defined as the measured transferred energy divided by the 

estimated developed energy for the hammer.   
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DATABASE ANALYSIS AND WSDOT PILE DRIVING FORMULA 
DEVELOPMENT

The observed stroke for the single-acting diesel and the double-acting hammers was not 

reported in the available database (see Table 1).  Using the rated energy in the WSDOT formula 

(and other driving formulae as well) would result in a higher predicted nominal driving 

resistance than would typically be the case in practice, since in practice the developed energy 

would normally be used, at least for those hammer types in which the stroke is affected by the 

driving resistance. This could cause the calibration of the WSDOT driving formula (i.e., the 

determination of the resistance factor  to be used discussed later in this report) to be overly 

conservative relative to practice in the field.  Therefore, the likely observed stroke for these types 

of hammers had to be estimated so that the developed energy could be calculated for each case 

history in the database. 

Because the wave equation produces an estimate of the driving resistance–stroke 

relationship, the wave equation (GRLWEAP 2003) was used to make this estimate.  

Combinations of hammer model (Delmag, Kobe, and MKT open-ended diesel, and ICE closed 

and open-ended diesel)—with rated energies ranging from 40 to 150 ft-kips, pile length ranging 

from 60 to 120 ft, and pile types including steel pipe and precast concrete—were used to assess 

the stroke–driving resistance relationship.  An upper bound approach, which included increasing 

the stroke predicted by the wave equation by 1 ft and also establishing the stroke–driving 

resistance relationship near the upper end of the plotted wave equation results, was used to 

establish this relationship to make sure that the calibration remained conservative.  Examples of 

these results are provided in figures 1 and 2.  The stroke ratio in the figure is defined as the 

predicted stroke divided by the maximum possible stroke for the hammer.  This stroke ratio 
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multiplied by the rated energy for the hammer would be approximately equal to the developed 

energy for the hammer. 
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Figure 1.  Stroke–driving resistance relationship for open-ended diesel hammers and steel piles 
based on wave equation predictions. 
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Figure 2.  Stroke–driving resistance relationship for open-ended diesel hammers and concrete 
piles based on wave equation predictions. 

Estimating the “actual” stroke in this way does introduce some uncertainties.  The 

conservative approach taken to estimate the “actual” stroke using the wave equation should 

offset these uncertainties.  However, the nominal pile bearing resistances have been estimated by 

using both the estimated developed energy and the rated energy, and compared to the measured 

pile bearing resistances. 

The data provided in Table 1 were arranged by hammer and pile type to facilitate 

development of Feff for the WSDOT driving formula.  From this database, the average measured 

transfer efficiency, as defined above, for the various combinations of hammer type and pile type 

are summarized in Table 2.   
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Table 2.  Average transfer efficiencies for various hammer and pile type combinations. 

Hammer and Pile Type 
Combination 

Average Measured 
Transfer Efficiency 

(relative to Developed 
Energy)

Feff Used for WSDOT 
Driving Formula 

“F” Used in WSDOT 
Driving Formula, per 

WSDOT Standard 
Specifications Section 

6-05.3(12) 
(F = 6.6 x Feff/2) 

Air/Steam hammers, all piles 0.49 0.55 1.8 
Open ended diesel hammers 
with concrete or timber piles 

0.30 0.37 1.2 

Open ended diesel hammers 
with steel piles 

0.48 0.47 1.6 

Closed ended diesel hammers 0.41 0.35 1.2 

While an attempt was made to have Feff be approximately equal to the transfer efficiency 

as defined above, this was not fully achievable while also ensuring that the average ratio of the 

measured to predicted values of pile bearing resistance for each hammer and pile type 

combination be as close to 1.0 as possible.  Therefore, the average measured values of transfer 

efficiency were used only as a starting point.  The values of Feff and “F” used in the final 

WSDOT driving formula that provided the best prediction of pile bearing resistance relative to 

the measured pile load test bearing resistance values for each case history are also provided in 

Table 2.  The values of Feff are within 0.07 of the average measured transfer efficiency. 

Note that the data for hydraulic and drop hammers are not provided in Table 2 (they are 

provided in Table 1, however).  As can be observed from Table 1, the available data for these 

two types of hammers are extremely limited, and most of the data are for beginning of redrive 

(BOR) conditions.  However, these very limited data appear to indicate that “F” should be 

approximately 1.9 for hydraulic hammers (Feff = 0.58) and approximately 0.9 for drop hammers 

(Feff = 0.28) to provide a reasonable bearing resistance prediction, given that the N values (i.e., 

driving resistance) reflect that some soil setup has already taken place. 
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For the purpose of comparison, pile resistance predictions were also generated using 

Engineering News Record (ENR) and FHWA Gates formulae.  The ENR formula was originally 

developed as an allowable stress design method, and contained within the formula a factor of 

safety of 6 (Peck, et al., 1974).  The ENR equation as reported by Peck, et al. is specifically as 

follows: 

)( CsFS
HWR H

a                (3) 

where: Ra = allowable (working) pile resistance measured during driving 

WH = weight of the hammer ram, expressed in the same units as Ra

H = height of fall of the ram (i.e., its stroke), expressed in the same units as s

and C

s = pile permanent set, (IN) 

C = energy loss per hammer blow, (0.1 IN for all hammers except drop 

hammers, and 1.0 IN for drop hammers) 

FS = factor of safety, recommended as 6.0. 

Note that WHH = E, the developed hammer energy as defined previously.

For load and resistance factor design (LRFD), built in safety factors must be removed so 

that a nominal resistance is calculated.  Therefore, if the safety factor is removed,  

)( Cs
HWR H

n                   (4) 

where: Rn = nominal pile resistance measured during driving. 



16

The FHWA attempted to modify the original Gates Formula to address deficiencies in its 

prediction accuracy.  The FHWA Gates formula is as follows (Hannigan, et al., 1997): 

100)10(log75.1 10 NERn               (5) 

where: Rn = nominal pile resistance measured during pile driving (kips) 

 E = developed hammer energy.  This is the kinetic energy in the ram at impact 

for a given blow.  If ram velocity is not measured, it may be assumed 

equal to the potential energy of the ram at the height of the stroke, taken as 

the ram weight times the stroke (FT-LBS) 

 N = Number of hammer blows for 1 IN of pile permanent set (Blows/IN) 

Plots of predicted versus measured pile nominal resistances using the WSDOT, FHWA 

Modified Gates, and ENR formulae are provided in figures 3 through 7.  The plots are shown for 

predictions using the developed hammer energy and predictions using the rated hammer energy.  

For the various combinations of hammer and pile type, the WSDOT formula provides a better 

visual match of measured to predicted values than the FHWA Modified Gates and the ENR 

formulae.  Note that the FHWA Modified Gates formula tends to over-predict bearing resistance 

for all diesel hammers at bearing resistances of less than 700 kips and significantly under-

predicts resistance for all diesel hammers at resistances of 1000 kips or more.  However, for 

steam hammers, the FHWA Modified Gates formula consistently under-predicts bearing 

resistance at all values of bearing resistance. 

As shown in Figure 7, the ENR formula significantly over-predicts bearing resistance in 

most cases, and the degree of scatter in the data is visually greater than is the case for the 

WSDOT and FHWA Modified gates formulae.  Note that to keep the axis in Figure 7 the same 
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as for the four previous figures, a significant number of data in which the predicted resistance 

was greater than 3000 kips are not shown.  Also note that because the ENR formula was derived 

as an allowable stress design method, a factor of safety of 6.0 was built into the formula.  The 

factor of safety was removed from the ENR formula to produce the plot of nominal resistance in 

Figure 7. 

When the plots in which developed energy is used to estimate the pile bearing resistance 

are compared to the plots in which rated energy is used to estimate pile bearing resistance, it 

appears that the bearing resistance prediction is less conservative and the scatter is slightly 

greater, though the differences are minimal. 

Figures 3 and 4 suggest that the WSDOT driving formula remains reasonably accurate up 

to nominal bearing resistances of approximately 1200 kips.  For diesel hammers, it is possible 

that this limit could be stretched up to approximately 1500 kips, although the available data 

become rather sparse at this high a bearing resistance. 
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Figure 7.  Predicted nominal versus measured pile bearing resistance for the ENR driving 
formula, based on developed energy. 

The WSDOT pile driving formula, as well as other pile driving formulae, was calibrated 

to N values obtained at the end of driving (EOD).  Because the pile nominal resistance obtained 

from pile load tests is typically obtained days, if not weeks, after the pile has been driven, the 

gain in pile resistance that typically occurs with time (i.e., soil setup) is, in effect, correlated to 

the EOD N value through the driving formula.  That is, the driving formula assumes that an 

“average” amount of setup will occur after EOD when the pile nominal resistance is determined 

from the formula.  On the basis of the available database (the EOD data in Table 1 and BOR data 

from Paikowsky et al. 2004), and utilizing the available CAPWAP/TEPWAP data obtained at 

EOD and at BOR for specific sites, the average amount of pile resistance setup inherent in the 

WSDOT pile driving formula prediction is approximately 30 to 70 percent.  The observed setup 

based on EOD and BOR data pairs at the available sites in the database is summarized for 
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various database subgroups in Table 3.  Note that five of the sites reported in the database had an 

unusual amount of setup, most likely because of high plasticity clay along the sides of the pile.  

These five sites were excluded from some of the groupings so that a truer average could be 

obtained for the overall grouping. 

Soil setup was also estimated by using the driving resistance N and the WSDOT pile 

driving formula.  Note that the driving formula did not indicate as much setup as did the 

CAPWAP/TEPWAP measurements, indicating that increased driving resistance is not the only 

contributor to the indication of soil setup. 

Table 3.  Soil setup observed for the case histories reported by Paikowsky et al. (2004). 

Database Subgroup 

Setup Factor Based on 
CAPWAP/TEPWAP 
Measurements (BOR 

Resistance/EOD 
Resistance) 

Setup Factor Based on 
Driving Resistance, N, Using 

WSDOT Formula (BOR 
Resistance/EOD Resistance) 

Side resistance derived in general from sands, 
silty sands, or tills 

1.30 1.11 

Side resistance derived in general from sandy 
silts and clays 

1.72 1.43 

Side resistance derived in general from high 
plasticity soft to medium clays 

6.29 2.03 

All concrete and timber piles, excluding high 
plasticity clay sites (5 sites) 

1.64 1.26 

All steel piles (no high plasticity clay sites) 1.45 1.28 
All steam hammer data (no high plasticity clay 
sites)

1.84 1.44 

All open ended diesel hammer/steel pile data (no 
high plasticity clay sites) 

1.30 1.22 

All open ended diesel hammer/concrete pile 
data, excluding high plasticity clay sites (5 sites) 

1.42 1.11 

All Closed ended diesel hammer (no high 
plasticity clay sites) – note data where a direct 
comparison between EOD and BOR resistance 
were very limited for this category 

1.11 1.09 

An additional check on the development of the WSDOT pile driving formula was 

conducted.  Because the Wave Equation is typically used to assess the acceptability of the 
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contractor’s pile-hammer system for piles with nominal resistances of 300 tons or more per the 

WSDOT Standard Specifications (2004), the WSDOT driving formula should produce a final 

driving criterion that is consistent with the pile drivability analysis conducted to approve the 

hammer system for the project using the Wave Equation.  With regard to the relationship 

between hammer acceptance and the driving criteria, the following two scenarios would be 

undesirable:

To allow the contractor to use a hammer that would not be capable of driving the pile to 

the bearing determined by the WSDOT driving formula, and 

To force the contractor to select an overly robust pile-hammer system that would result in 

a very low driving resistance to obtain the bearing determined by the WSDOT formula. 

When the wave equation is used to approve the contractor’s pile-hammer system, it is 

preferable that dynamic measurements with signal matching be used to develop the pile 

resistance acceptance criteria.  However, this is not always practical in terms of cost or potential 

time delays, especially for smaller projects.  Therefore, in many cases, the driving formula would 

still need to be used. 

It must first be recognized that the Wave Equation is a theoretical approach to estimating 

pile resistance and drivability and has not been empirically adjusted to full-scale pile load test 

results.  Because of this, the Wave Equation does not inherently account for soil setup.  The 

Wave Equation must be run for the selected hammer/pile combination, and then the nominal 

resistance values that correspond to the driving resistance values (N) output by the wave equation 

must be increased by the estimated setup factor “after-the-fact.”  Because of this, it is unrealistic 
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to expect that the WSDOT driving formula will closely match the Wave Equation results for the 

same size hammer.  The wave equation can also take into account many variables that a driving 

formula is simply incapable of directly addressing.  All that can be hoped for is that overall, the 

WSDOT driving formula will provide an approximate match to the Wave Equation results for 

the same size hammer, once soil setup is taken into account. 

To this end, Wave Equation analyses were conducted with GRLWEAP (1996) and 

compared to the bearing resistance predicted by the WSDOT driving formula.  For the Wave 

Equation analyses, a range of situations regarding the pile length (60 to 120 ft), diameter (12 to 

24 inches), cross-sectional area (0.250- to 0.438-inch pipe pile walls), and skin friction 

distribution (triangular, 20 to 80 percent of the resistance) were used for each hammer evaluated.  

Steel piles were primarily evaluated, since steel piles are by far the most common in WSDOT 

practice.  The standard input as described in the WSDOT Standard Specifications for 

Construction (2004), Section 6-05.3(9)A, was used for these analyses, as well as the standard 

hammer input and standard soil quake and damping parameters recommended by the program. 

Sample results are shown in figures 8 through 10.  In each figure, “least conservative” in 

the Wave Equation analyses refers to 18-in. diameter, 60-ft length, 0.438-in. wall, 80 percent 

skin friction, and steel pipe piles, and “most conservative” refers to 18-in. diameter, 120-ft 

length, 0.375-in. wall, 20 percent skin friction, and steel pipe piles.  A setup factor of 1.3 was 

used in all the Wave Equation analyses, which is representative of a silty sand typical in 

Washington for pile foundation situations. 

On the basis of these figures and similar analyses that were conducted, the WSDOT 

driving formula tends to be a little less conservative than the wave equation regarding the driving 

resistance, N, needed to obtain a given nominal bearing resistance, Rn.  However, only a nominal 
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amount of soil setup was applied to the wave equation results.  Had a soil setup factor of 1.5 

been used, which would have been more consistent with the database used to derive the WSDOT 

formula, the WSDOT driving formula would have been more conservative than the wave 

equation results.  This highlights the point that assumptions regarding soil setup are critical to a 

comparison between a driving formula and the Wave Equation.  If the Wave Equation is used for 

hammer approval, but the WSDOT driving formula is specified for pile bearing verification, the 

contractor should expect that the hammer could be oversized to drive the pile to the specified 

bearing resistance, if soil setup is not considered in the Wave Equation analysis.  From a 

geotechnical design standpoint, this situation is more desirable than the case in which the 

hammer pile system is undersized to achieve the desired bearing resistance and maximum 

anticipated driving resistance to reach the minimum penetration specified. 
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Figure 8.  Comparison of Wave Equation and WSDOT driving formula for 18-inch diameter 
steel piles using a steam hammer with a rated energy of 25 ft-tons. 
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Figure 9.  Comparison of Wave Equation and WSDOT driving formula for 18-inch diameter 
steel piles using an open-ended diesel hammer with a rated energy of 27.5 ft-tons. 
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Figure 10.  Comparison of Wave Equation and WSDOT driving formula for 18-inch diameter 
steel piles using a closed ended diesel hammer with a rated energy of 36 ft-tons. 

If soil setup (or relaxation) is an issue or highly uncertain, or if relatively high nominal 

resistance piles are needed (i.e., nominal values of greater than 1200 kips), dynamic 

measurements with signal matching analysis should be conducted.  Based on the data provided in 

Table 1, plots of predicted versus measured pile nominal resistances, when dynamic 

measurements with signal matching analysis (e.g., CAPWAP) are used to estimate pile bearing 

resistance, are provided in figures 11 through 13. 
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Figure 11.  Predicted nominal versus measured pile bearing resistance for CAPWAP/TEPWAP 
results at EOD. 
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Figure 12.  Predicted nominal versus measured pile bearing resistance for CAPWAP/TEPWAP 
results at BOR (the data used to produce this figure are in Paikowsky et al. 2004). 
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Figure 13.  Predicted nominal versus measured pile bearing resistance for CAPWAP/TEPWAP 
results at BOR, but only for final driving resistances of 8 blows per inch or less (the data used to 
produce this figure are in Paikowsky et al. 2004). 

As can be observed from these figures, the CAPWAP/TEPWAP method provides an 

overly conservative estimate of the pile bearing resistance if the analysis is conducted at EOD 

conditions.  This approach is still consistently conservative if it is used at BOR conditions, but it 

is most accurate if it is used to estimate resistance at BOR when the driving resistance, N, is 8 

blows/inch or less.  Since this method has no built-in soil setup, this method works best if the 

pile is allowed to set up before a final bearing resistance is determined.  Therefore, it is 

recommended that this method be used primarily at BOR, unless it is known that soil setup (as 

well as relaxation) will not be an issue. 



30

STATISTICAL ANALYSIS AND LRFD CALIBRATION 

A key aspect of Load and Resistance Factor (LRFD) foundation design is the selection of 

load and resistance factors to account for uncertainty in the design.  The uncertainty in the 

driving formula, or other pile bearing resistance verification method, must be taken into account 

during foundation design, as the uncertainty in the pile bearing resistance verification method 

controls the pile foundation design reliability (Allen, 2005).  Reliability theory can be used to 

calibrate load and resistance factors so that a consistent level of reliability is obtained.  A 

complete description of the calibration process for estimating load and resistance factors using 

reliability theory is provided by Allen et al. (in press).  Furthermore, important background 

regarding the development of the current resistance factors for foundation design is provided by 

Allen (2005). 

Using the procedures provided by Allen et al. (in press) and the database provided in 

Table 1, a statistical analysis of the ratio of measured to predicted bearing resistance values (i.e., 

the bias) was conducted.  To characterize the pile bearing resistance data, the bias (X) values 

were plotted against the inverse of the standard normal cumulative distribution function, CDF 

(i.e., the standard normal variable or variate, or z), for each data point.  This was accomplished 

by sorting the bias values in the data set from lowest to highest, calculating the probability 

associated with each bias value in the cumulative distribution as i/(n +1), and then calculating z

in Excel as: 

z = NORMSINV(i/(n +1))             (6) 

where: i = the rank of each data point as sorted, and  
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n = the total number of points in the data set.

Standard normal variable plots were used to determine the pile bearing resistance CDFs 

and their characteristics.  This type of plot is essentially the equivalent of plotting the bias values 

on normal probability paper.  An important property of a CDF plot is that data that are normally 

distributed plot as a straight line with a slope equal to 1/ , where  is the standard deviation, and 

the horizontal (bias) axis intercept is equal to the mean, s.  However, lognormally distributed 

data plot as a curve.  Note that a lognormally distributed dataset can be made to plot as a straight 

line by plotting the natural logarithm of each data point. 

Figures 14 and 15 provide the CDFs for the WSDOT formula based on developed and 

rated energy, respectively.  These two figures show that the theoretical lognormal CDFs for these 

datasets provide a much better fit than do the theoretical normal CDFs. 
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Figure 14.  CDF for WSDOT pile driving formula bearing resistance bias values, in which the 
estimated developed hammer energy is used to predict nominal pile bearing resistance. 
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Figure 15.  CDF for WSDOT pile driving formula bearing resistance bias values, in which the 
rated hammer energy is used to predict nominal pile bearing resistance. 

For resistance factor calibration purposes, when reliability theory is used, the lower tail of 

the resistance CDF is critical to the accuracy of the calibration.  The upper tail really has no 

influence on the end result of the calibration.  The opposite is true of the load CDF, primarily 

because, by design, the resistance is made to be greater than the load to provide a safe design.  

Also note that for the lower tail, CDFs that are located to the left of the data points in the tail 

region are more conservative for reliability analysis than a CDF that fits exactly on the data in 

the tail.  Again, for the load distribution, the opposite is true, in that CDFs located to the right of 

the actual data are more conservative for reliability analysis. 

Basic load and resistance factor design (LRFD) is summarized in Equation 7: 

nini RQ                  (7) 
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where: i = a load factor applicable to a specific load type, Qni; the summation of 

iQni terms is the total factored load for the load group applicable to the 

limit state being considered;  

 = the resistance factor; and  

Rn  = the nominal unfactored (design) resistance available (either ultimate or the 

resistance available at a given deformation).   

Equation 7 is the design equation, but it can serve as the basis for the development of a 

limit state equation that can be used for calibration purposes.  If there is only one load 

component, Qn, then Equation 7 can be shown as: 

RRn – QQn  0               (8) 

The limit state equation that corresponds to Equation 8 is as follows: 

g = R – Q > 0                (9) 

where g is a random variable representing the safety margin, R is a random variable representing 

resistance, Q is a random variable representing load, Rn is the nominal (design) resistance value, 

Qn is the nominal (design) load value, and R and Q are resistance and load factors, respectively.  

This concept of equations 7 through 9 and the influence of the distribution tails on the 

calibration are illustrated in Figure 16, which shows conceptual plots of load and resistance 

distributions, as well as the distribution of the safety margin, g, that results from the load and 

resistance distributions.  The magnitudes of the load and resistance factors used in the design 

equation are established to yield the desired reliability index, , which can be related to the 
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probability of failure, Pf.  As can be observed from this figure, it is the overlap in the load and 

resistance distributions that influences the reliability index and the probability of failure, and the 

opposite tails of the distributions have no influence on Pf.
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Figure 16.  Probability of failure and reliability index (adapted from Withiam et al. 1998). 

This concept leads to the practice of making sure that the statistical parameters selected 

result in the best fit possible in the tail region, termed here as the “best fit to tail.”  For the data 

shown in figures 14 and 15, the theoretical distribution that best fits the tail region is illustrated 

in figures 17 and 18. 

Similar analyses were conducted for the FHWA Modified Gates and ENR formulae, and 

for the CAPWAP/TEPWAP bearing resistance predictions.  The statistical parameters obtained 

from these analyses are summarized in Table 4.  Note that these statistical analyses excluded the 

hydraulic and drop hammer data because of the paucity of data for those two hammer types.  No 

outlier data points were removed from any of the datasets analyzed to produce the statistics 

shown in the table.  Also note that only normal distribution statistics are presented in the table.
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Figure 17.  Best fit to tail CDF for WSDOT pile driving formula bearing resistance bias values, 
in which the estimated developed hammer energy is used to predict nominal pile bearing 
resistance. 
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Figure 18.  Best fit to tail CDF for WSDOT pile driving formula bearing resistance bias values, 
in which the rated hammer energy is used to predict nominal pile bearing resistance. 
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Table 4.  Summary of resistance statistics used for calibration of resistance factors. 

Normal Distribution Parameters - All data Parameters for Best Fit to Tail 
Pile Capacity Prediction 
Method (all EOD, using 

developed energy) n

Mean of 
Bias Values, COV of 

Bias Values

Actual 
Distribution 

Type 

Mean of 
Bias Values, COV of 

Bias Values 
Distribution 

Type 
WSDOT Formula (developed 
energy) 131 1.03 0.377 Lognormal 0.850 0.224 Lognormal 
WSDOT Formula (rated 
energy) 131 0.913 0.410 Lognormal 0.770 0.247 Lognormal
WSDOT Formula (developed 
and rated energy, steam 
hammers only, with 
maximum nominal resistance 
of 1200 kips) 34 1.08 0.458 Lognormal 0.790 0.215 Lognormal 
FHWA Modified Gates 
Formula (estimated 
developed energy) 131 1.10 0.485 Lognormal 0.970 0.356 Lognormal
FHWA Modified Gates 
Formula (rated energy) 131 1.03 0.506 Lognormal 0.930 0.376 Lognormal
ENR with FS of 6 removed 
(estimated developed energy) 131 0.370 0.870 Lognormal 0.280 0.464 Lognormal
ENR with FS of 6 removed 
(rated energy) 131 0.332 0.949 Lognormal 0.230 0.435 Lognormal
CAPWAP (EOD all data) 126 1.87 0.701 Lognormal 1.54 0.390 Lognormal 
CAPWAP (EOD with N < 8 
bpi) 83 2.05 0.725 Lognormal 1.50 0.313 Lognormal 

CAPWAP (BOR all data) 145 1.19 0.334 Lognormal 1.10 0.245 Lognormal 
CAPWAP (BOR with N < 8 
bpi) 56 1.13 0.270 Lognormal 1.03 0.204 Lognormal 

If the distribution is actually lognormal, the lognormal parameters can be calculated 

theoretically using the following equations from Benjamin and Cornell (1970): 

ln = LN( s) – 0.5 ln
2              (10) 

ln = (LN(( / s)2 + 1))0.5             (11) 
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Note that LN is the natural logarithm (base e).  From these parameters, the theoretical normal 

(Equation 12) and lognormal (Equation 13) distribution of the bias as a function of z can be 

calculated as follows: 

Bias = X =  + z             (12) 

Bias = X =EXP( ln + lnz)            (13) 

Table 4 illustrates that the variability in each of these methods is significantly greater at 

higher bias values than is the case at lower bias values. The “best fit to tail” statistics represent 

the variability for low bias values, since the lower tail contains all of the low bias values.  Where 

the bias is less than 1.0 (i.e., where the measured resistance is less than the predicted resistance, 

which is non-conservative), the WSDOT formula is significantly more consistent and therefore 

reliable, based on these statistics, than the other driving formulae. This gives the WSDOT 

formula the advantage regarding the magnitude of the resistance factor needed relative to the 

other methods. 

The reliability of the design is dependent on both the load and resistance factors used, and 

the statistical parameters associated with those factors.  While calibration can be conducted to 

determine the magnitude of both the load and resistance factors, for this study the load factors 

were held constant, and the magnitude of the resistance factor that yielded the desired level of 

reliability determined.  The load factors recommended in the current AASHTO specifications 

(AASHTO 2004) were used for the calibrations conducted as a part of this study.  These load 

factors are provided in Table 5.  The purpose, therefore, of these calibrations was to determine 

the resistance factor needed to achieve the target  value (i.e., desired level of reliability), 

assuming that the load factors shown in Table 5 are used. 
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The load statistics needed for the reliability analysis are provided in Table 5.  These load 

statistics were developed and reported by Nowak (1999).  Only the summary statistics are 

provided here.  Dead load and live load are the typical load components applicable for a pile 

foundation design.  For foundation design, it can be assumed that the live load transmitted to the 

pile top includes dynamic load allowance (AASHTO 2004).  The live load statistics provided 

below assume that the live load includes dynamic load allowance.  The dead load statistics 

assume that the primary source of dead load is from cast-in-place concrete structure members.  

Because the statistics and load factors for dead load and live load are different, the calibration 

results will depend on the ratio of dead load to live load.  Because of this, dead load to live load 

ratios ranging from 2 to 5, which are typical for bridges and similar structures, were investigated. 

Table 5.  Load statistics used for the calibration of resistance factors (from Nowak 1999). 

Load Type 
Mean of Bias 

Values
COV of Bias 

Values
Distribution Type Load Factor Used 

Dead load 1.05 0.10 Normal 1.25 
Live load 1.15 0.18 Normal 1.75 

Allen et al. (in press) and Allen (2005) discussed the determination of the appropriate Pf

and  to use for the reliability analysis.  Based this work and work by others (e.g., Paikowsky et 

al. 2004), the reliability of the pile group is typically much greater than that of the individual 

pile, considering the redundancy inherent in pile foundations, and considering that the pile 

bearing resistance required for all piles in the group is typically based on the most heavily loaded 

pile.  In general, for structural design, a target reliability index, , of 3.5 (an approximate Pf of 1 

in 5,000) is used.  For the pile group, this  can be achieved if the reliability index of the 

individual pile is 2.3 (an approximate Pf of 1 in 100), provided that the group size is greater than 
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four piles.  Paikowsky, et al. (2004) indicated that for pile groups consisting of four piles or less, 

a  of 3.0 (an approximate Pf of 1 in 1000) should be targeted to address the lack of redundancy. 

Monte Carlo simulation, as described by Allen et al. (in press), was used to perform the 

reliability analysis to estimate  and the resistance factor needed to achieve the target value of 

(i.e., either 2.3 or 3.0). The load factors currently prescribed in the AASHTO LRFD Design 

Specifications (AASHTO 2004) provided in Table 5, in combination with the resistance factors 

and CDFs summarized in Table 4, were used in this analysis.  The simulation was carried out by 

generating 10,000 values of load and resistance using a random number generator, and by 

subtracting the random load from the random resistance values to obtain 10,000 values of the 

margin of safety, g.

An example of the Monte Carlo results, in this case for the WSDOT formula using the 

estimated developed hammer energy, assuming a resistance factor of 0.60, is provided in Figure 

19.  The  value obtained is equal to the negative of the intercept of the safety margin curve (g)

with the standard normal variable axis. 
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Figure 19.  Monte Carlo simulation results for the WSDOT formula, using the estimated 
developed energy, a dead load to live load ratio of 3, and a resistance factor of 0.60. 

Similar analyses were conducted for various combinations of dead and live load, and for 

each of the driving formulas and CAPWAP/TEPWAP analyses results.   
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CALIBRATION RESULTS 

The calibration results are summarized in Table 6.  The relative degree of conservatism 

for each formula/method can be assessed by dividing the resistance factor by the bias for the 

dataset (third column in Table 6).  In general, it is desirable to keep the degree of conservatism in 

the design method as low as possible.  Therefore, the lower the relative conservatism ratio (see 

Table 6), the more cost effective the design method is capable of being.  As shown in the table, 

the WSDOT formula is the least conservative method of the driving formulae, and the 

CAPWAP/TEPWAP method is the least conservative method overall if used at BOR. 

Table 6 also shows that there is a significant difference in the resistance factor required 

for small pile groups that lack redundancy.  In general, the resistance factor required for small 

pile groups (i.e., less than five piles in the group) is approximately 80 percent of the resistance 

factor required for larger pile groups, using the target  values discussed previously.

Resistance factors were determined for the WSDOT formula for the case in which 

estimated developed hammer energy was used, and for the case in which the rated energy was 

used.  As discussed previously, the developed hammer energy was not available for the case 

histories in the database, necessitating an approximate but conservative estimate of the 

developed energy used in these analyses.  Therefore, the rated hammer energy, as well as only 

hammer cases in which the rated and developed energy were identical, were also analyzed. These 

analyses resulted in resistance factors ranging from 0.50 to 0.57, respectively, in addition to the 

resistance factor of 0.60 obtained when all the data related to the developed hammer energy were 

considered.
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The data provided in Table 6 also show that the magnitude of the resistance factors is not 

strongly affected by the DL/LL ratio.  This is likely due to the fact that the uncertainty in the 

loads is much less than the uncertainty in the resistance.  This finding is consistent with the 

findings by others (Barker, et al., 1991; Allen 2005).  Therefore, it is feasible to recommend one 

resistance factor that is independent of the DL/LL ratio. 

Table 6 indicates that a resistance factor of 0.45 could be used for the FHWA Gates 

formula and 0.71 for the CAPWAP method at BOR for larger (redundant) pile groups.  These are 

slightly higher than what is recommended in Paikowsky, et al. (2004) and Allen (2005).  The 

difference is the result of differences in how well the CDF is fitted to the tail of the data, as 

Paikowsky, et al. (2004) just use a general lognormal fit to the entire data set, whereas the lower 

tail region was fit more accurately in the present study (see figures 17 and 18 as examples). 

Table 6.  Summary of resistance factors obtained from the Monte Carlo simulations. 

= 2.3 = 3.0 

Pile Resistance Prediction Method DL/LL = 2 DL/LL = 3 DL/LL = 5 DL/LL = 3 
Relative Conservatism 

Ratio, /

DL/LL = 3

WSDOT Formula (developed energy) 0.61 0.60 0.59 0.58 0.50 

WSDOT Formula (rated energy) 0.52 0.50 0.50 0.56 0.41 
WSDOT Formula (developed and 
rated energy, steam hammers only) -- 0.57 -- 0.53 -- 
FHWA Modified Gates Formula 
(estimated developed energy) -- 0.51 -- 0.46 0.40 
FHWA Modified Gates Formula 
(rated energy) -- 0.46 -- 0.45 0.37 
ENR with FS of 6 removed  
(estimated developed energy) -- 0.11 -- 0.30 0.08 
ENR with FS of 6 removed (rated 
energy) -- 0.10 -- 0.30 0.075 

CAPWAP (EOD all data) -- 0.73 -- 0.39 0.56 

CAPWAP (EOD with N < 8 bpi) -- 0.83 -- 0.41 0.66 

CAPWAP (BOR all data) -- 0.71 -- 0.60 0.59 

CAPWAP (BOR with N < 8 bpi) -- 0.75 -- 0.66 0.62 
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RECOMMENDATIONS 

In general, the resistance factors provided in the AASHTO LRFD specifications 

(AASHTO 2004) are rounded to the nearest 0.05.  Based on the analyses summarized in Table 6, 

a resistance factor of 0.55 is recommended for the WSDOT Pile Driving Formula for larger 

(redundant) pile group foundations.  Note that the DL/LL ratio has only a minor effect on the 

resistance factor required, and a  of 0.55 appears to be applicable to most DL/LL combinations 

that would be encountered in practice.  For smaller pile groups (i.e., four piles or less), a 

resistance factor of 0.45 is recommended so that a higher target  of 3.0 is achieved.

In addition to these recommended values, resistance factors for other pile bearing 

resistance field verification methods are presented in Table 7.  Note that while a resistance factor 

is provided for the ENR formula in Table 6, it is extremely low, which reflects the exceptional 

degree of uncertainty in that particular formula.  A recommended resistance factor for the ENR 

formula is not provided in Table 7 because of the high degree of uncertainty in the predicted pile 

resistance using that formula. 

Table 7.  Recommended resistance factors for pile foundations. 

= 2.3 = 3.0 

Pile Resistance Prediction Method Resistance Factor Resistance Factor

WSDOT Formula (developed energy) 0.55 0.45 

FHWA Modified Gates Formula (estimated developed energy) 0.45 0.40 

CAPWAP (EOD with N < 8 bpi) 0.75 0.65 

CAPWAP (BOR with N < 8 bpi) 0.70 0.60 
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